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The Perfect Being Argument in Case-Intensional Logic 
The perfect being argument for God’s existence is the following deduction: 

- Axiom F1: If a property is positive, its negation is not positive. 

- Axiom F2: If a positive property A strictly entails a property B, then B is also positive. 

- Axiom F3: If a property is positive, it is necessarily positive. 

- Premise N1: Necessary existence is positive. 

- Premise N2: There is at least one superlative strongly positive property. 

- Conclusion: Necessarily, there exists a unique perfect being. 

Briefly, a superlative property is one which at most one being can have, such as being the tallest person. 

The concept of a Positive property has a several related interpretations, but one definition is that a 

positive property is one which does not entail any limitation, but whose negation does. A strongly 

positive property is one such that it is positive to have that property essentially. Finally, a perfect being is 

something that has every strongly positive property essentially. 

Usually one would add the further premise and conclusion: 

- Premise N3: Omnipotence, omniscience, moral perfection, supremacy, and creative aseity are 

strongly positive. 

- Conclusion: Necessarily, a perfect being is essentially omnipotent, omniscient, morally perfect, 

supreme, and the creator of all things. 

This document will present the perfect being argument formally, using the deduction rules of case-

intensional higher-order logic. See this associated document for an introduction to case-intensional logic 

and a presentation of its deduction rules. 

Possible Worlds and Identity 
Since case-intensional logic is intended to be neutral on metaphysical standpoints, we have to supply an 

interpretive framework. The various cases in which logical statements are evaluated for truth in case-

intensional logic, let us take to be possible worlds (maximal descriptions of ways reality could be or 

could have been). And let us take the first-order objects of the theory to be the entities that can exist in 

those possible worlds. 

I would like to eventually formulate this argument in a full-fledged modal-temporal logic such as Belnap 

and Müller’s branching histories case-intensional logic, but I haven’t gotten there yet. So, the possible 

worlds here are tenseless descriptions of the whole history of reality, rather than reality as it is at a 

single moment. 

In modal logic, we often want to be able to talk about how an entity could have been if reality had been 

different. This requires a principle of identity that allows us to trace entities between possible worlds. 

Again, case-intensional logic does not include such a principle natively, but it does allow us to supply 

one, by means of specifying an absolute property. I utilize an absolute property which I call Being for this 

purpose. 

https://structureoftruth.files.wordpress.com/2018/01/deduction-rules-for-cihol.pdf
http://philsci-archive.pitt.edu/9795/
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This corresponds to a kind of preliminary premise of the perfect being argument: reality can be 

described in a way such that everything that exists can be traced between possible worlds, and re-

identified in other possible worlds where it exists. 

It is difficult to describe exactly what I mean by this without getting into the technical details of case-

intensional logic and possible worlds language, but I think it is a fairly reasonable premise, and it is 

implicitly assumed in many contexts using modal logic. It basically means that there is a fact of the 

matter about whether, for example, I am the same person in this reality as I would have been in another 

possible reality where I chose something different to eat for breakfast this morning (and that this kind of 

identity question can be asked and answered for everything that exists). 

A couple notes: 

- This does not imply any kind of extreme modal realism where the other possible worlds are 

actual universes that exist parallel to our own. 

- Nor should it be taken to imply that there can’t be some gray areas to these identity questions: 

it just means that for the sake of description, we may need to draw a few arbitrary lines in 

reality. (For example, what is the precise moment when the building that is crumbling into dust 

actually stops existing? That kind of thing.) 

- Nor does it mean that everything exists and has some identity in all possible worlds: there could 

be many things that exist in only one possible world, for instance. 

So, I think the assumption that reality can be described in this way is a fairly modest one. 

Being 
The following axioms define the behaviour of the property Being, 𝔹. Something is a Being if it is a 

possibly existing entity than can be traced between possible worlds. 

Axiom B1: 𝐴𝑏𝑠𝑜𝑙𝑢𝑡𝑒(𝔹) 

Being is an absolute property, that is, it is both modally constant and modally separated. These second-

order properties are defined as follows: 

 𝐴𝑏𝑠𝑜𝑙𝑢𝑡𝑒 =df 𝜆𝐴. 𝑀𝐶𝑜𝑛𝑠𝑡(𝐴) ∧ 𝑀𝑆𝑒𝑝(𝐴) 

 𝑀𝐶𝑜𝑛𝑠𝑡 =df 𝜆𝐴. □∀𝑥. 𝐴𝑥 ⇒ □𝐴𝑥 

 𝑀𝑆𝑒𝑝 =df 𝜆𝐴. □∀𝑥, 𝑦. 𝐴𝑥 ∧ 𝐴𝑦 ⇒ (E𝑥 ∧ E𝑦 ∧ 𝑥 = 𝑦) ⇒ □(𝑥 = 𝑦) 

Axiom B2: □∀𝑥. 𝔹𝑥 ⇒ ◊ E𝑥 

Everything that is a Being possibly exists. This axiom just rules out the Being predicate from being 

applied to an intension that never exists, though I do not actually use it in the deductions below. 

Axiom B3: □∀𝑥. E𝑥 ⇒ ∃𝑦. 𝑥 = 𝑦 ∧ 𝔹𝑦 

Everything that exists is extensionally equal to some Being. This axiom means that everything can be 

traced across different possible worlds. 
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Essential Properties 
These axioms allow us to identify the modal properties of things that exist. An important modal concept 

is that of essential properties, properties which a thing must have whenever it exists. Given a property 𝐴, 

I define the associated quality of having 𝐴 essentially, 𝐸𝑠𝑠𝐴, as follows: 

 𝐸𝑠𝑠 =df 𝜆𝐴. 𝜆𝑥. E𝑥 ∧ ∃𝑦. 𝑥 = 𝑦 ∧ 𝔹𝑦 ∧ □(E𝑦 ⇒ 𝐴𝑦) 

In other words, having A essentially is defined as existing and being extensionally equal to a Being that 

necessarily has A whenever it exists. 

(Note: in this context, a quality is an extensional, existence-implying property. In the course of this 

document I only apply the Essential Property function to extensional properties.) 

Necessary Existence 
Furthermore, I define the quality of necessary existence, 𝑁𝑒𝑐𝑒𝑠𝑠𝑎𝑟𝑦𝐸𝑥𝑖𝑠𝑡𝑒𝑛𝑐𝑒, as follows: 

 𝑁𝑒𝑐𝑒𝑠𝑠𝑎𝑟𝑦𝐸𝑥𝑖𝑠𝑡𝑒𝑛𝑐𝑒 =df 𝜆𝑥. E𝑥 ∧ ∃𝑦. 𝑥 = 𝑦 ∧ 𝔹𝑦 ∧ □E𝑦 

In other words, existing necessarily is defined as existing and being extensionally equal to a Being that 

necessarily exists. 

Positive Properties 
These axioms define the behaviour of the Positive predicate, ℙ. 

Axiom F1: □∀𝐴. ℙ𝐴 ⇒ ¬ℙ(𝜆𝑥. ¬𝐴𝑥) 

If a property is positive, its negation is not positive. 

Axiom F2: □∀𝐴, 𝐵. ℙ𝐴 ⇒ (□∀𝑥. 𝐴𝑥 ⇒ 𝐵𝑥) ⇒ ℙ𝐵 

If a positive property A strictly entails a property B, then B is also positive. 

Axiom F3: □∀𝐴. ℙ𝐴 ⇒ □ℙ𝐴 

If a property is positive, it is necessarily positive. That is, the positive predicate is modally constant. 

(Note: in the course of this document I only apply the Positive predicate to extensional properties.) 

Proof of Lemma 1 
These axioms allow a proof of this lemma, which says that given any two positive properties, it is 

possible for there to be something that has both of those properties: 

Lemma 1: □∀𝐴. ∀𝐵. ℙ(𝐴) ∧ ℙ(𝐵) ⇒ ◊ ∃𝑥. 𝐴𝑥 ∧ 𝐵𝑥 

The lemma may be derived as follows:  

1  ℙ(𝐴) ∧ ℙ(𝐵) Hypothesis 
2       ¬ ◊ ∃𝑥. 𝐴𝑥 ∧ 𝐵𝑥 Hypothesis 
3            □∀𝑥. ¬𝐴𝑥 ∨ ¬𝐵𝑥 Negation dualities, 2 
4                 𝐴𝑦 Hypothesis 
5                      ¬𝐴𝑦 ∨ ¬𝐵𝑦 Universal inst., 3 
6                      ¬𝐵𝑦 Alternative denial, 4, 5 



 The Perfect Being Argument in Case-Intensional Logic 

Matthew Dickau  4 of 9 

7                      (𝜆𝑧. ¬𝐵𝑧)𝑦 Eta conversion, 6 
8                 𝐴𝑦 ⇒ (𝜆𝑧. ¬𝐵𝑧)𝑦 Conditional intr., 4-7 
9            □∀𝑥. 𝐴𝑥 ⇒ (𝜆𝑧. ¬𝐵𝑧)𝑥 Modal proof, universal gen., 4-8 
10            ℙ(𝜆𝑧. ¬𝐵𝑧) Conditional elim., 1, 9, Axiom F2 
11            ¬ℙ(𝜆𝑧. ¬𝐵𝑧) Conditional elim., 1, Axiom F1 
12       ◊ ∃𝑥. 𝐴𝑥 ∧ 𝐵𝑥 Contradiction, 2-10, 2-11 
13  ℙ(𝐴) ∧ ℙ(𝐵) ⇒ ◊ ∃𝑥. 𝐴𝑥 ∧ 𝐵𝑥 Conditional intr., 1-12 
14  □∀𝐴. ∀𝐵. ℙ(𝐴) ∧ ℙ(𝐵) ⇒ ◊ ∃𝑥. 𝐴𝑥 ∧ 𝐵𝑥 Modal proof, universal gen., 1-13 

 

Strongly Positive Properties 
A property 𝐴 which it is positive to have essentially (that is, ℙ(𝐸𝑠𝑠𝐴) for which holds) is called a strongly 

positive property. It can be proved given the above axioms and definitions that an extensional property 

which is strongly positive is itself positive. 

Lemma 2: □∀𝐴. 𝐸𝑥𝑡𝑒𝑛𝑠𝑖𝑜𝑛𝑎𝑙(𝐴) ⇒ ℙ(𝐸𝑠𝑠𝐴) ⇒ ℙ𝐴 

Here is the proof: 

1  𝐸𝑥𝑡𝑒𝑛𝑠𝑖𝑜𝑛𝑎𝑙(𝐴) Hypothesis 
2       ℙ(𝐸𝑠𝑠𝐴) Hypothesis 
3            𝐸𝑠𝑠𝐴𝑥 Hypothesis 
4                 E𝑥 ∧ ∃𝑦. 𝑥 = 𝑦 ∧ 𝔹𝑦 ∧ □(E𝑦 ⇒ 𝐴𝑦) Definition, 3 
5                 𝑥 = 𝑦 ∧ 𝔹𝑦 ∧ □(E𝑦 ⇒ 𝐴𝑦) Existential inst., 4 
6                 E𝑦 Extensionality of existence, 4, 5 
7                 𝐴𝑦 Conditional elim., 5, 6 
8                 𝐴𝑥 Extensionality of 𝐴 (from 1), 5, 7 
9            𝐸𝑠𝑠𝐴𝑥 ⇒ 𝐴𝑥 Conditional intr., 3-8  
10            □∀𝑥. 𝐸𝑠𝑠𝐴𝑥 ⇒ 𝐴𝑥 Modal proof, universal gen., 3-9 
11            ℙ𝐴 Conditional elim., Axiom F2, 2, 10 
12       ℙ(𝐸𝑠𝑠𝐴) ⇒ ℙ𝐴 Conditional intr., 2-11 
13  𝐸𝑥𝑡𝑒𝑛𝑠𝑖𝑜𝑛𝑎𝑙(𝐴) ⇒ ℙ(𝐸𝑠𝑠𝐴) ⇒ ℙ𝐴 Conditional intr., 1-12 
14  □∀𝐴. 𝐸𝑥𝑡𝑒𝑛𝑠𝑖𝑜𝑛𝑎𝑙(𝐴) ⇒ ℙ(𝐸𝑠𝑠𝐴) ⇒ ℙ𝐴 Modal proof, universal gen., 1-13 

 

Proof of the Perfect Being Argument 
The perfect being argument may be proven with the above axioms and the following two premises. 

Premise N1: ℙ(𝑁𝑒𝑐𝑒𝑠𝑠𝑎𝑟𝑦𝐸𝑥𝑖𝑠𝑡𝑒𝑛𝑐𝑒) 

Necessary existence is a positive property. 

Premise N2: ∃𝐴. ℙ(𝐸𝑠𝑠𝐴) ∧ 𝑆𝑢𝑝𝑒𝑟𝑙𝑎𝑡𝑖𝑣𝑒(𝐴) ∧ 𝑄𝑢𝑎𝑙𝑖𝑡𝑦(𝐴) 

There is a strongly positive, superlative property. For technical reasons we only apply the essential 

property function to qualities, so this property is also stipulated to be a quality. The definitions of the 

relevant second-order properties are as follows: 

 𝑄𝑢𝑎𝑙𝑖𝑡𝑦 =df 𝜆𝐴. 𝐸𝑥𝑖𝑠𝑡𝐼𝑚𝑝𝑙(𝐴) ∧ 𝐸𝑥𝑡𝑒𝑛𝑠𝑖𝑜𝑛𝑎𝑙(𝐴) 

 𝐸𝑥𝑡𝑒𝑛𝑠𝑖𝑜𝑛𝑎𝑙 =df 𝜆𝐴. □∀𝑥. ∀𝑦. 𝑥 = 𝑦 ⇒ 𝐴𝑥 ⇒ 𝐴𝑦 
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 𝐸𝑥𝑖𝑠𝑡𝐼𝑚𝑝𝑙 =df 𝜆𝐴. □∀𝑥. 𝐴𝑥 ⇒ E𝑥 

 𝑆𝑢𝑝𝑒𝑟𝑙𝑎𝑡𝑖𝑣𝑒 =df 𝜆𝐴. □∀𝑥. 𝐴𝑥 ⇒ ∀𝑦. 𝐴𝑦 ⇒ 𝑦 = 𝑥 

These premises allow us the proof of the conclusion, which says there is a being which exists and has 

every strongly positive property necessarily: 

Conclusion: ∃𝑥. 𝔹𝑥 ∧ □E𝑥 ∧ ∀𝐴. ℙ(𝐸𝑠𝑠𝐴) ⇒ □𝐴𝑥 

And since at least one of the strongly positive properties is superlative, there can only be one being that 

meets this description. Here is the proof: 

1  ℙ(𝐸𝑠𝑠𝑈) ∧ 𝑆𝑢𝑝𝑒𝑟𝑙𝑎𝑡𝑖𝑣𝑒(𝑈) ∧ 𝑄𝑢𝑎𝑙𝑖𝑡𝑦(𝑈) Existential inst., Premise N2 
2  ◊ ∃𝑥. 𝑁𝑒𝑐𝑒𝑠𝑠𝑎𝑟𝑦𝐸𝑥𝑖𝑠𝑡𝑒𝑛𝑐𝑒(𝑥) ∧ 𝐸𝑠𝑠𝑈𝑥 Conditional elim., Lemma 1, Premise 

N1, 1 
3       ∃𝑥. 𝑁𝑒𝑐𝑒𝑠𝑠𝑎𝑟𝑦𝐸𝑥𝑖𝑠𝑡𝑒𝑛𝑐𝑒(𝑥) ∧ 𝐸𝑠𝑠𝑈𝑥 Possible proof, 2 
4            𝑁𝑒𝑐𝑒𝑠𝑠𝑎𝑟𝑦𝐸𝑥𝑖𝑠𝑡𝑒𝑛𝑐𝑒(𝑔) ∧ 𝐸𝑠𝑠𝑈𝑔 Existential inst., 3 
5            E𝑔 ∧ ∃𝑦. 𝑔 = 𝑦 ∧ 𝔹𝑦 ∧ □E𝑦 Definitions, 4 
6            E𝑔 ∧ ∃𝑦. 𝑔 = 𝑦 ∧ 𝔹𝑦 ∧ □(E𝑦 ⇒ 𝑈𝑦) Definitions, 4 
7            𝑔 = 𝑔′ ∧ 𝔹𝑔′ ∧ □E𝑔′ Existential inst., 5 
8            𝑔 = 𝑔′′ ∧ 𝔹𝑔′′ ∧ □(E𝑔′′ ⇒ 𝑈𝑔′′) Existential inst., 6 
9            E𝑔 Conjunction elim., 5  
10            E𝑔′ ∧ E𝑔′′ ∧ 𝑔′ = 𝑔′′ Extensionality of existence and 

equality, 7, 8, 9 
11            □𝑔′ = 𝑔′′ Conditional elim., Axiom B1, 7, 8, 10 
12            □(E𝑔′ ⇒ 𝑈𝑔′) Substitution, 8, 11 
13            □𝑈𝑔′ Modal conditional elim., 7, 12 
14            □𝔹𝑔′ Conditional elim., Axiom B1, 7 
15            □(E𝑔′ ∧ 𝑈𝑔′ ∧ 𝔹𝑔′) Modal conjunction, 7, 13, 14 
16        ∃𝑥. □(E𝑥 ∧ 𝑈𝑥 ∧ 𝔹𝑥) Existential gen., 4-15 
17  ◊ ∃𝑥. □(E𝑥 ∧ 𝑈𝑥 ∧ 𝔹𝑥) Close possible proof, 3-16 
18  ∃𝑥.◊ □(E𝑥 ∧ 𝑈𝑥 ∧ 𝔹𝑥) Barcan formula, 17 
19  ◊ □(E𝑔 ∧ 𝑈𝑔 ∧ 𝔹𝑔) Existential inst., 18 
20  □(E𝑔 ∧ 𝑈𝑔 ∧ 𝔹𝑔) S5 modal logic theorem, 19 
21  𝐸𝑥𝑡𝑒𝑛𝑠𝑖𝑜𝑛𝑎𝑙(𝑈) Def. and conjunction elim., 1 
22  ℙ𝑈 Conditional elim., Lemma 2, 1, 21 
23       ℙ(𝐸𝑠𝑠𝐴) Hypothesis 
24       ◊ ∃𝑥. 𝑈𝑥 ∧ 𝐸𝑠𝑠𝐴𝑥 Conditional elim., Lemma 1, 22, 23 
25       □∀𝑥. 𝑈𝑥 ⇒ ∀𝑦. 𝑈𝑦 ⇒ 𝑦 = 𝑥 Def. and conjunction elim., 1 
26       ∃𝑥. 𝑈𝑥 ∧ 𝐸𝑠𝑠𝐴𝑥 Possible proof, 24 
27            𝑈𝑔′ ∧ 𝐸𝑠𝑠𝐴𝑔′ Existential inst., 26 
28            𝑈𝑔 ⇒ ∀𝑦. 𝑈𝑦 ⇒ 𝑦 = 𝑔 Universal inst., 25 
29            ∀𝑦. 𝑈𝑦 ⇒ 𝑦 = 𝑔 Conditional elim., 20, 28 
30            𝑈𝑔′ ⇒ 𝑔′ = 𝑔 Universal inst., 29 
31            𝑔′ = 𝑔 Conditional elim., 27, 30 
32            𝐸𝑠𝑠𝐴𝑔 Extensionality of 𝐸𝑠𝑠𝐴, 27, 31 
33            𝑔 = 𝑔′′ ∧ 𝔹𝑔′′ ∧ □(E𝑔′′ ⇒ 𝐴𝑔′′) Definition, existential inst., 32 
34            □𝑔 = 𝑔′′ Axiom B1, 20, 33 
35            □(E𝑔 ⇒ 𝐴𝑔) Substitution, 33, 34 
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36            □𝐴𝑔 Modal conditional elim., 20, 35 
37       ◊ □𝐴𝑔 Close possible proof, 26-36 
38       □𝐴𝑔 S5 theorem, 37 
39  ℙ(𝐸𝑠𝑠𝐴) ⇒ □𝐴𝑔 Conditional intr., 23-38 
40  ∀𝐴. ℙ(𝐸𝑠𝑠𝐴) ⇒ □𝐴𝑔 Universal gen., 23-39 
41  𝔹𝑔 ∧ □E𝑔 ∧ ∀𝐴. ℙ(𝐸𝑠𝑠𝐴) ⇒ □𝐴𝑔 Conjunction, 20, 40 
42  ∃𝑥. 𝔹𝑥 ∧ □E𝑥 ∧ ∀𝐴. ℙ(𝐸𝑠𝑠𝐴) ⇒ □𝐴𝑥 Existential gen., 41 

 

Supporting Premises N1 and N2 
Premises N1 and N2 can be supported in a couple different ways (in addition to the intuitions that I have 

provided in my main blog post on the perfect being argument). 

First, with the principle of sufficient reason and a few plausible assumptions about causation, the 

property of creative aseity is superlative and implies necessary existence and essential creative aseity. 

With the assumption that creative aseity is positive, N1 and N2 follow. 

Second, if the property of supremacy is defined so that a being is supreme if and only if: 

- that being is as great as it can possibly be, 

- it is not possible for that being to be any less than as great as it can possibly be, and 

- it is not possible for anything else to be as great or greater than that being; 

then, assuming that something must exist to have any greatness at all, supremacy is superlative and it 

implies necessary existence and essential supremacy. With the assumption that supremacy is positive, 

N1 and N2 follow. 

Alternatively, it may be directly postulated that supremacy implies necessary existence and essential 

supremacy, as great-making properties that are included in the concept of the greatest possible being. 

Then the premise that supremacy is positive again implies N1 and N2. 

Creative Aseity 
To support N1 and N2 using the property of creative aseity, we begin with a few axioms about 

causation. Start with the primitive relation 𝐶𝑥𝑦, meaning that 𝑥 is a direct or indirect cause of the 

existence of 𝑦, and define the property of being caused to exist as: 

 𝐶𝑎𝑢𝑠𝑒𝑑 =df 𝜆𝑥. ∃𝑦. 𝐶𝑦𝑥 

Then the causal relation behaves as follows: 

Axiom C1: □∀𝑥. ∀𝑦. 𝐶𝑥𝑦 ⇒ ¬𝐶𝑦𝑥 

If 𝑥 causes 𝑦 to exist, then 𝑦 does not cause 𝑥 to exist. 

Axiom C2: □∀𝑥. ∀𝑦. ∀𝑧. 𝐶𝑥𝑦 ⇒ 𝐶𝑦𝑧 ⇒ 𝐶𝑥𝑧 

If 𝑥 causes 𝑦, and 𝑦 causes 𝑧, then 𝑥 causes 𝑧. 

Axiom C3: □∀𝑥. ∀𝑦. 𝐶𝑥𝑦 ⇒ E𝑥 ∧ E𝑦 

If 𝑥 causes 𝑦, then both 𝑥 and 𝑦 exist. 
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Axiom C4a: □∀𝑥. ∀𝑦. ∀𝑧. 𝑥 = 𝑦 ⇒ (𝐶𝑥𝑧 ⇔ 𝐶𝑦𝑧) 

Axiom C4b: □∀𝑥. ∀𝑦. ∀𝑧. 𝑥 = 𝑦 ⇒ (𝐶𝑧𝑥 ⇔ 𝐶𝑧𝑦) 

The causal relation is extensional. 

Axiom C5: □∀𝑥. 𝐶𝑎𝑢𝑠𝑒𝑑(𝑥) ⇒ 𝐸𝑠𝑠𝐶𝑎𝑢𝑠𝑒𝑑(𝑥) 

Something that is caused to exist is essentially caused to exist. In other words, something that exists due 

to some cause could not and would not have existed unless it was caused by something. I believe this is 

a reasonable premise. (Otherwise, what is the cause really doing?) 

Axiom C6: □∀𝑥. 𝐸𝑥 ⇒ 𝐶𝑎𝑢𝑠𝑒𝑑(𝑥) ∨ 𝑁𝑒𝑐𝑒𝑠𝑠𝑎𝑟𝑦𝐸𝑥𝑖𝑠𝑡𝑒𝑛𝑐𝑒(𝑥) 

Everything that exists is either caused to exist or it exists necessarily. This is a corollary of the principle of 

sufficient reason. 

Axiom C7: □∀𝑆. (∀𝑥. ∀𝑦. 𝑆𝑥 ∧ 𝑆𝑦 ⇒ 𝐶𝑥𝑦 ∨ 𝑥 = 𝑦 ∨ 𝐶𝑦𝑥) ⇒ (∃𝑧. ∀𝑥. 𝑆𝑥 ⇒ 𝐶𝑧𝑥) 

For every causal chain, there is something that causes every element in the chain. This axiom is in place 

to handle infinite chains. (For finite chains, it is true automatically: the first element causes all the others 

by transitivity.) It can be taken as another corollary of the principle of sufficient reason. 

In the hypothetical case where the infinite chain is composed of necessarily existing beings in necessary 

causal relations, so that the principle of sufficient reason is satisfied without a further cause, I think it is 

appropriate to consider the further cause required by this axiom to be an entity which represents the 

whole chain, so that aseity can be ascribed to the chain even if it does not apply to its members. 

However, we could modify the above axiom to exclude that hypothetical case, and the deduction that I 

need it for below would still work. (It would just be a little more complicated.) 

Axiom C8: 

□∀𝑃. ∀𝑆. (∀𝑥. 𝑆𝑥 ⇒ 𝑃𝑥) ∧ (∀𝑥. ∀𝑦. 𝑆𝑥 ∧ 𝑆𝑦 ⇒ 𝐶𝑥𝑦 ∨ 𝑥 = 𝑦 ∨ 𝐶𝑦𝑥) ∧ (∃𝑧. 𝑃𝑧 ∧ ∀𝑥. 𝑆𝑥 ⇒ 𝐶𝑧𝑥)

⇒ (∃𝑧. 𝑃𝑧 ∧ ¬𝐶𝑎𝑢𝑠𝑒𝑑(𝑧)) 

This axiom is just an instance of Zorn’s lemma, a mathematical theorem. Its inclusion as an axiom here 

amounts to the assumption that the axiom of choice is valid and that the set of all possible entities has a 

definite cardinality. (That cardinality may still be infinite.) 

Now we define Aseity as existing uncaused, Peerless Aseity as being the only a se being, and Creative 

Aseity as being the cause of everything other being that exists. 

 𝐴𝑠𝑒𝑖𝑡𝑦 =df 𝜆𝑥. E𝑥 ∧ ¬𝐶𝑎𝑢𝑠𝑒𝑑(𝑥) 

 𝑃𝑒𝑒𝑟𝑙𝑒𝑠𝑠𝐴𝑠𝑒𝑖𝑡𝑦 =df 𝜆𝑥. 𝐴𝑠𝑒𝑖𝑡𝑦(𝑥) ∧ ∀𝑦. 𝐴𝑠𝑒𝑖𝑡𝑦(𝑦) ⇒ 𝑦 = 𝑥 

 𝐶𝑟𝑒𝑎𝑡𝑖𝑣𝑒𝐴𝑠𝑒𝑖𝑡𝑦 =df 𝜆𝑥. ∀𝑦. ¬𝑦 = 𝑥 ⇒ 𝐶𝑥𝑦 

Then we can use the above axioms to show: 

- Peerless Aseity is superlative and entails Aseity. 

- Creative Aseity entails Peerless Aseity. (C1, C3, C4) 
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- Peerless Aseity entails Creative Aseity. (C1, C2, C3, C4, C7, C8) 

- Aseity entails Necessary Existence and Necessary Aseity. (C1, C3, C4, C5, C6) 

- Peerless Aseity therefore entails Necessary Existence and Necessary Peerless Aseity. 

- Creative Aseity therefore entails Necessary Existence and Necessary Creative Aseity. 

Therefore, either of the premises that Peerless Aseity is positive or that Creative Aseity is positive will 

imply Premises N1 and N2 of the perfect being argument. 

Supremacy 
In order to use the concept of a supreme being or the greatest possible being to support N1 and N2, we 

have to note that this concept involves comparing the properties of beings in different possible worlds. 

To do this in case-intensional logic, we need to add axioms that allow us to trace properties between 

different possible worlds, in addition to the axioms allowing us to trace beings. 

For this purpose I use the predicate ℚ indicating that a property is a natural quality. ℚ would apply to 

properties like blue or green, but would exclude mixed-up properties like bleen (which refers to being 

blue in some possible worlds but being green in other ones). 

I use the natural quality predicate for extensional properties only to avoid possible confusion of the 

scope of modal operators, though it doesn’t need to apply only to existence-implying properties. 

Typically, the properties to which the positive or negative predicates apply would also fall under the 

class of natural qualities. 

These axioms govern the behaviour of natural qualities: 

Axiom Q1: 𝐴𝑏𝑠𝑜𝑙𝑢𝑡𝑒(ℚ) 

Axiom Q2: □∀𝐴. ℚ𝐴 ⇒ 𝐸𝑥𝑡𝑒𝑛𝑠𝑖𝑜𝑛𝑎𝑙(𝐴) 

Now we develop the concept of objective greatness which is presumed by the concept of supremacy. To 

say that a being has a certain level of greatness that can be compared to the greatness of other beings is 

to say that there is a totally ordered set of properties, traceable between possible worlds, such that 

every being has one of these properties, and the greater the being is, the higher that property in the 

order. 

We describe these properties and the order relation between them using the following primitives: 

𝔾: a second-order property indicating that a first-order property is a level of objective greatness. 

≤: a comparison relation between different levels of greatness. 

These levels of greatness obey the following axioms: 

Axiom G1: □∀𝑔. 𝔾𝑔 ⇒ ℚ𝑔 

If a property is a greatness, it is a quality that can be naturally traced over possible worlds. This allows us 

to compare the greatness of beings across different possible worlds. 

Axiom G2a: □∀𝑔. 𝔾𝑔 ⇒ ∀ℎ. 𝔾ℎ ⇒ (𝑔 ≤ ℎ ∧ ℎ ≤ 𝑔) ⇒ 𝑔 = ℎ 

Axiom G2b: □∀𝑓. 𝔾𝑓 ⇒ ∀𝑔. 𝔾𝑔 ⇒ ∀ℎ. 𝔾ℎ ⇒ (𝑓 ≤ 𝑔 ∧ 𝑔 ≤ ℎ) ⇒ 𝑓 ≤ ℎ 
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Axiom G2c: □∀𝑔. 𝔾𝑔 ⇒ ∀ℎ. 𝔾ℎ ⇒ (𝑔 ≤ ℎ ∨ ℎ ≤ 𝑔) 

There is a total order over the levels of objective greatness, allowing us to compare all levels of 

greatness to each other. 

Axiom G3: □∀𝑥. ∃𝑔. 𝔾𝑔 ∧ 𝑔𝑥 ∧ ∀𝑔′. (𝔾𝑔′ ∧ 𝑔′𝑥) ⇒ 𝑔′ = 𝑔 

Everything has exactly one level of greatness. 

Axiom G4: ∃𝑔. 𝔾𝑔 ∧ □∀𝑥. (¬E𝑥 ⇒ 𝑔𝑥) ∧ (E𝑥 ⇒ ∃𝑔′. 𝔾𝑔′ ∧ 𝑔′𝑥 ∧ 𝑔 < 𝑔′) 

Anything that does not exist has the least possible greatness. This does not say anything about what 

level of greatness a being would have if it were to exist; only that something has to exist in order to have 

the kind of things (such as power, knowledge and goodness) that make beings great. 

Now we define the property of being supreme: 

𝑆𝑢𝑝𝑟𝑒𝑚𝑎𝑐𝑦 =df 𝜆𝑥. E𝑥 ∧ ∃𝑦. 𝔹𝑦 ∧ 𝑦 = 𝑥 ∧ ∃𝑔. 𝔾𝑔 ∧ 𝑔𝑦

∧ ¬ ◊ (∃𝑧. 𝑔𝑧 ∧ ¬𝑧 = 𝑦)

∧ ¬ ◊ (∃𝑧. ∃ℎ. 𝔾ℎ ∧ ℎ𝑧 ∧ ℎ > 𝑔)

∧ ¬ ◊ (∃ℎ. 𝔾ℎ ∧ ℎ𝑦 ∧ ℎ < 𝑔) 

This says that something is supreme if (and only if) it exists and is extensionally equal to a Being 𝑦, and 

has a Greatness 𝑔, such that: 

- it is not possible for anything not equal to 𝑦 to have 𝑔, and 

- it is not possible for anything (even 𝑦 itself) to have a greatness greater than 𝑔, and 

- it is not possible for 𝑦 itself to have a greatness less than 𝑔. 

I believe this is a reasonable definition of supremacy: it effectively means having an unparalleled and 

unwavering maximal level of greatness. 

With these axioms, it can be shown that Supremacy is superlative and that it entails Necessary Existence 

and Necessary Supremacy. Therefore, the premise that Supremacy is positive implies Premises N1 and 

N2 of the perfect being argument. 
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